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and we claim that it satisfies the parallelogram identity. The argument given there is not correct, but the assertion is true.
Here is a proof:
By [3, Lemma 2.1], there exist partial isometries {Vk, k ∈ I} ⊂M such that VkV∗k ⊥ VmV∗m for k 6= m and IK0 =
∑
k⊕VkV∗k .
Let E = {i1, . . . , im} be a finite subset of I. Define SE = (V∗i1 , . . . , V∗im)t and define a linear map θE by
θE : U⊗ H → Hm : T ⊗ x → α(SET)(x).
By the definition of the seminorm ‖ · ‖FU(H) we have ‖θE(ξ)‖Hm ≤ ‖ξ‖FU(H) for all ξ ∈ U⊗ H. Also we define a map




This map is a contraction. Indeed if h = (x1, . . . , xm)t ∈ Hm and  > 0 by [3, Proposition 2.2] there exist r ∈ N and



























α((V∗i1 , . . . , V
∗
im
)tS∗S(Vi1 , . . . , Vim))(x1, . . . , xm)
t, (x1, . . . , xm)
t
〉
≤ ∥∥(x1, . . . , xm)t∥∥2 .
Therefore ‖γE(h)‖FU(H) ≤ ‖h‖Hm . In the above proof we used that the restriction of α on the diagonal of A is a∗-homomorphism.
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Since ‖Vik ⊗ α(V∗ikT)x− VikV∗ikT ⊗ x‖FU(H) = 0 for all kwe have






T ⊗ x = S∗ESET ⊗ x
in FU(H), for all T ∈ U, x ∈ H.
If ξ =∑ni=1 Ti ⊗ xi ∈ U⊗ H, for an arbitrary finite subset E of I we have







If  > 0 there exist m ∈ N and S ∈ Ball(Mm,1(V)) such that



























for all finite sets E such that I ⊃ E ⊃ E0. Therefore







for all finite sets E such that I ⊃ E ⊃ E0. From (1) and (2) it follows that
‖ξ‖FU(H) = limE ‖θE(ξ)‖H|E|
for all ξ ∈ U⊗ H.
It is now easy to see that the seminorm ‖ · ‖FU(H) onU⊗ H satisfies the parallelogram identity: if ξ,η ∈ U⊗ H then
‖ξ+ η‖2FU(H) + ‖ξ− η‖2FU(H) = limE (‖θE(ξ+ η)‖
2
H|E| + ‖θE(ξ− η)‖2H|E|)
= lim
E
(2‖θE(ξ)‖2H|E| + 2‖θE(η)‖2H|E|) = 2‖ξ‖2FU(H) + 2‖η‖2FU(H).
Note added in proof.
After [3] was completed, the author with V.I. Paulsen in [2] developed the notion of the ‘normal module Haagerup tensor
product’ of two dual operator modules. Subsequently, Blecher and Kashyap proved in [1] that, in the case where one of the
modules comes from a Hilbert space, this tensor product is in fact a Hilbert space. One can show that this tensor product
agrees with FU(H) and this would provide an indirect proof that FU(H) is a Hilbert space.
In retrospect, use of the normal module Haagerup tensor product would shorten some of the proofs in [3].
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1 Choose y ∈ Ball(Hm) such that ‖ω‖Hm = 〈ω, y〉 ,where ω =
∑n




















for all finite sets E such that I ⊃ E ⊃ E0.
